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�̇�𝑢 =  𝑏𝑝 − 𝛽𝑆𝐵𝑃𝑢 − 𝛽𝑆𝐺𝑃𝑢 − 𝑑𝑢𝑃𝑢 

�̇�𝐺 = 𝛽𝑆𝐺𝑃𝑢 − 𝑑𝐺𝑃𝐺  

�̇�𝐵 = 𝛽𝑆𝐵𝑃𝑢 − 𝑑𝐵𝑃𝐵  

�̇�𝐺 =  𝑏𝑠𝑃𝐺 − 𝛽𝑆𝐺𝑃𝑢 − 𝑑𝑠𝑆𝐺  

�̇�𝐵 =  𝑏𝑠𝑃𝐵 − 𝛽𝑆𝐵𝑃𝑢 − 𝑑𝑠𝑆𝐵 

 

Notation is given in the following table but generally parallels that in the text. 

 

Table S1. Model variables and parameters 

Notation Description 

  

Variables  

𝑃𝑢 density of naïve plants lacking symbionts 
𝑃𝐺 density of plants infected with good symbionts 
𝑃𝐵 density of plants infected with bad symbionts 
𝑆𝐺 density of good free-living symbionts 
𝑆𝐵 density of bad free-living symbionts 
  
Parameters  

𝑏𝑝 birth rate of plants, independent of plant density, born naive 
𝑏𝑠 birth rate of symbionts from symbiont-infected plants 
𝛽 rate parameter of symbionts infecting plants 
𝑑𝑢 death rate of uninfected plants 
𝑑𝐺 death rate of plants infected with a good symbiont 
𝑑𝐵 death rate of plants infected with a bad symbiont 
𝑑𝑠 death rate of free symbionts (regardless of type) 

 


